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TOM TAT

Trong bai viét nay, ching toi siz dung khai niém “hop dong day hoc” va té chirc toan hoc,
dwroc Guy Brousseau trinh bay nam 1980 nhuw la mét cong cu d@é phat hién va nghién cizu nhiing sai
lam ciia hoc sinh — hé qud cua nhing quan hé ngam dn giza cac thanh phan cia hé thong gidng
day: gi&o vién — tri thuiic — maéi truong — hoc sinh.

Nghién ciu bao gom phan tich séch gido khoa “Pai s6 va Giai tich Iop 11 (Nang cao)” va
mot s6 két qua vé hop dong day hoc lién quan d@én dang toén tinh dao ham cia mét ham sé f(x) tai
diém Xo, tir 6 chi ra sai lam cia hoc sinh khi thyec hién kiéu nhiém vy nay.

Tir khoa: dao ham caa ham s, hop ddng day hoc, sai 1am cia hoc sinh.

ABSTRACT
A study of students’ errors in calculating the derivative
of functions at a point, based on an approach to Mathematical Didactic

In this paper, we used the concept of “didactic contract” and mathematical organization,
presented by Guy Brousseau in 1980, considered as an implement to find out and study students’
errors, the corollarries of the implicit relations among the components of the teaching — learning
system: teacher — knowledge — environment — student.

The study included textbook analysis of "Algebra and Calculus Grade 11 (Advanced)" and
valuable findings on didactic contracts related to calculating the derivative of the function f(x) at
point Xo, then indicated the errors students commit when performing this type of task.

Keywords: derivative of the function, didactic contract, students’ errors.

1. Hep dong day hoc

Niam 1982, G. Brousseau dinh nghia hop dong day hoc (Contrat didactique) (HDDH)
nhu 14 “tap hop c&c quan hé xac dinh, thuong 1a ngam an, c6 thé phan nho mot cach rd
rang thanh nhirng diéu khoan ma mdi bén (gi4o vién va hoc sinh) c6 trach nhiém thuc hién
nhitng nghiia vu bén nay d6i véi bén kia” (dan theo Annie B. (2009)).

* Email: dhtong@ctu.edu.vn
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HPDH néu ra nhitng quy tic trong suét qua trinh hoc tap thé hién nhitng mong doi
va g xur cua hoc sinh (HS) va gido vién (GV) ddi véi kién thic. N6 ngam 4n dua ra
nhirg diéu ma HS va GV phai lam, vai tro va trach nhiém cua ho voi nhau.

2. Tim kiém va kiém chitng gia thuyét vé sy ton tai nhirng quy tac ciia HDDH

Theo tac gia Tran Anh Diing (2011), tién trinh tim kiém va kiém chang gia thuyét vé
HPDH c6 thé duoc trinh bay theo cac budc sau:

2.1. Thu thdp va phan tich théng tin

Thu thap thong tin c6 thé dugc tim hiéu tir nhiéu ngudn khic nhau nhu: sach gido
khoa (SGK), sach gido vién (SGV), s&ch bai tap, tap hoc cua HS, gido &n cua GV, bién ban
du gio, ghi am, thu hinh tiét day, phong van HS...

Sau khi thu thap thdng tin, nha nghién ciu (NNC) tién hanh phan tich ching, tim
hiéu céc kiéu nhiém vu nao lién quan dén kién thirc ma ho dang nghién cu? C6 nhiing
quy tac nao caa HPDH gin lién véi cac kiéu nhiém vy?...

2.2. D dodn s ton tai quy tic ciia HDDH

Sau khi thu thap va phan tich thdng tin hoan tat, NNC dwa ra nhitng du doan vé cac
quy tic cia HPDH t6n tai trng v&i nhitng kiéu nhiém vy nao ¢6. HDDH phai bao gom hai
thanh phan sau:

- Quy tic ddi véi GV: Cac quy tic ngam an, trach nhiém, mong doi cua GV khi day
kiéu nhiém vu nao do.

- Quy tic vé phia HS: Cac quy tic ngam an, nghia vu cia HS khi hoc kiéu nhiém vy
nao do.

2.3. Thiét ké tinh huéng pha vé hgp dong dé kiém chirng sw ton tai nhiing quy tic cia
HDDH

Nhim muc dich kiém ching quy tic caa HDDH ma minh dé xuat c6 thuc sy ton tai
hay khong, NNC phai thiét ké tinh hudng ngat quang hop déng. Pong thoi ho phai dy doan
xem HS s& ¢6 nhirng phan hdi, ing xir nhu thé dbi véi tinh hudng ngat quang hop déng ma
ho dat ra tir dau.

Tinh hubng ngat quang hop ddng sé tao ra sy bién loan trong hé thong giang day, sao
cho dat GV va HS trong mét tinh hudng khac la.

Dé tao ra tinh hudng ngit quang hop dong, NNC ¢4 thé tién hanh nhiing cach sau:

- Dbi voi HS: Thay doi nhitng didu kién s dung tri thirc, doi khi bién doi cac dic
trung cua tinh hudng. Hon nita, NNC c6 thé loi dung khi HS chua biét cach van dung mot
s tri thire toan nao d6. Ngoai ra, NNC dat HS ra ngoai pham vi cua tri thic dang ban dén
hozc st dung nhiing tinh huéng ma tri thirc d6 khong giai quyét duoc.

- D6ivoi GV: Bat GV trude nhitng tng xir caa HS khdng phi hop véi nhiing diéu GV
mong dgi. Chang han, NNC dua ra nhiing cau tra loi khéc la cho mot bai toan, yéu cau
nhan xét vé cac cau tra loi nhu thé (dan theo Annie B. (2009), tr. 341).
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2.4. Thuc nghiégm

Sau khi NNC hoan thanh cac budéc trén, ho tién hanh khao sat trén mot tap hop HS
duogc lya chon roi tién hanh thu thap va phan tich két qua thuc nghiém. Két qua phan tich
cudi ciing s& gitp cho ho tra 1oi cho cau hoi vé sy ton tai cia HDDH ma ho dé xuét.
3. Hop dong day hoc gin lién véi kiéu nhigm vu tinh dao ham tai mat diém

Nhitng quy tic cia HDDH chung toi dé xuat duoc nghién ciu trong hai bai: “Khai
niém dao ham” “C4c quy tic tinh dao ham”, trong SGK Pai s6 va Giai tich 11 (Nang cao)
cua tac gia Boan Quynh (chu bién, 2009).
3.1. Thu thdp va phan tich théng tin

Kiéu nhi¢m vy T1: Tinh dao ham cia ham s6 y= f(x) tai mgt diém x, bing
dinh nghia.

Vi du: Xem vi du 1 SGK trang 186.

Ki thuét 7;:

o Tinh Ay = f (X, +Ax)— f(x,), trong d6 Ax la s6 gia cua bién s6 tai x,.

. Léptisé%.
X

o Tim gii han tim2Y.,
Ax—0 AX

e Néu ton tai gici han hitu han thi ta két luan f (x,) = Iimo%. Nguoc lai, ta n6i ham
AX— X

s6 d4 cho khong ton tai dao ham tai x, .
Hoac dung ki thuat 7;:
lim f (X) ~f (XO)
o Tinh " X=X

F(x) -

X A e, N LA n . f(x . N , N 4
e N¢u ton tai gigi han hiru han thi ket luan I|m—(°) la dao ham cua ham so6
> X=X,

y = f(x) tai %,. Ngwoc lai thi ta két luan ham s6 y = f (x) khong c6 dao ham tai X, .
Yéu t6 cong nghé 6 : Khai niém dao ham cua ham s tai mot diém (SGK trang 185)
Kiéu nhiém vu T,: Tinh dao ham cia ham sb tai mdt diém bang cac cong thic,

quy téc tinh dao ham.

Vi du: Xem H1 SGK trang 197.

e Kithuét 1,: Tinh dao ham bang céc cdng thirc, quy tic tinh dao ham nhur:

e Dao ham cua tong, hiéu, tich hay thwong hai ham sé.

e Dao ham cua ham sé hop.

e Tinh gia tri caa mot ham sé tai mot diém.

e Yéu té cong nghé 8,: Céc quy tic, cong thirc tinh dao ham. Gié tri cuia ham sb.
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Bdng 1. Tong két cac kiéu nhiém vy
Kiéu nhigmva  Kithuat Hoatddng ViduSGK Baitip SGK Tong

T1 T, T 0 1 6 7
Téng 13

Tur viéc phan tich cac kiéu nhiém vu, cac dang bai tap twong ng véi ting kiéu
nhiém vu, cac 1oi giai trong SGK va SGV Pai s6 va Giai tich 11 Nang cao, ching ti rit ra
dugc nhitng nhan xét dang chil y nhu sau:

Céc ham s6 dugc cho trong SGK dé tinh dao ham bang dinh nghia phan 16n déu 1a
nhitng ham kha vi tai diém can tinh, hodc noi cach khac 1a gi6i han cua ti sb % khi

X
Ax—0" hay AXx — 0" la bang nhau va ngam an rang khong can xét toi hai trudng hop
nay.

Trong phan cha ¥ & SGK trang 191 ciing nhu trong bai tp 14 SGK trang 195, tac gia
mudn HS rat ra rang “Mot ham s6 co thé xac dinh tai X, tham chi lién tyc tai x, nhung co6
thé khong co dao ham tai x,”. Tuy nhién, dang bai tap v6i cac ham s6 1ién tuc tai x, nhung
khong c6 dao ham tai x, qua it (chi c6 1 bai), cho nén viéc sir dung giéi han mot bén dé
ching minh mot ham s6 khong c6 dao ham tai mot diém khéng thu hat duge su chi v cua
HS.

Trong nhan xét cua SGK trang 186 co trinh bay tinh chat “Néu ham s6 y = f (x) c6
dao ham tai diém x, thi nd lién tuc tai diém x,” va ca cach chang minh tinh chat d6. Tuy
nhién SGK lai khong dé cap ménh dé phan dao cua n6 1a “Néu ham sé y = f (x) khong
lién tuc (gian doan) tai x, thi khéng c6 dao ham tai x,”. Bai tap 15 SGK trang 195 ciing
hudng cho HS nhan thdy méi quan hé giira tinh lién tuc va dao ham nhung con chua rd
rang va bi anh huong boi d6 thi ham sé hon 14 xét tinh lién tuc bang dinh nghia.

Phan 16n cc bai tap yu cau tinh dao ham caa ham sé tai x, thi diém x, luén nam
trong tap xac dinh ciia ham s6 hozc trong mién ma ham s c6 dao ham. Chi c¢6 duy nhat
mot bai tap 1a H5 SGK trang 191 1a cho diém x, khdng nam trong tap xac dinh caa ham sb
ban dau.

K& tir bai 2: “Céc quy tic tinh dao ham” tré di thi tat ca cac ham s duoc cho déu co
thé tinh dugc bang quy tic va khdng can st dung dinh nghia ctia dao ham dé tinh.

3.2. Dw doan HDDH

Nhitng nhan xét trén cho phép chiing toi dat gia thuyét vé sy ton tai ngim an cac quy

tic sau day cia HDDH gin lién véi cac kiéu nhiem vu Ty va Tz
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Quy tic GV: GV c6 nhiém vu chi yéu cau HS tinh dao ham cua ham sé tai diém x,
c6 nhirng dac trung sau day:

- Céc ham sb duge cho ludn tinh duge dao ham bang cac quy tac, cong thrc.

- Diém x, ludn nam trong tap xac dinh cua ham s, tham chi phai 1a mién ma ham sé
c6 dao ham.

- Ham s6 da cho lién tuc, kha vi tai diém can tinh.

Quy tac HS: Khi gap dang bai tap yéu cau tinh ¢dao ham cta ham sb tai mot diém, HS
ngam hiéu rang:

- Nhiém vy la tim céch &p dung cac cdng thirc, quy tic tinh dao ham d4 hoc ri tinh gia
tri cua dao ham tai diém d6 ma khong can phai st dung dinh nghia ctua dao ham tai mot
diém (néu bai tap khong noi rd la phai dung dinh nghia).

- Khéng c6 nghia vu kiém tra xem diém can tinh c6 thuéc mién c6 dao ham hay
khong?

- Khéng c6 nghia vu kiém tra ham s6 d& cho cd lién tuc tai diém can tinh hay
khong?

3.3. Thiét ké tinh huéng kiém chitng HDDH

Dé kiém ching quy tic cia HDDH ma chung t6i d4 du doan, HS duoc yéu cau giai
céc bai toén sau:

Bai 1: Tinh dao ham (néu c6) ciia ham sé f (x)=xv/x tai diém x, =0.

Sy ngat qudng hop ddng day hoc trong bai toén trén thé hién & diém sau:

Ham s6 da cho c6 tap xac dinh 1a [0; + o) nhung c6 mién xac dinh dao ham Ia
(0; +00) hay néi cach khéc 1a diém x, thudc tap xdc dinh nhung khong thudc mién c6 dao
ham.

e Céc chién luoc gin lién véi Bai 1:

S1: Chién luoc dung cong thire tinh dao ham.

Sla: Chién lugc dung cong thic tinh dao ham nhung khong rat gon, sau do thé
X, =0 vao dao ham thiy khong tinh dugc hodc bam may tinh xuat hién 13i.

S1b: Chién Iugc ding cong thirc tinh dao ham nhung khong rat gon két qua, sau do
thé x, =0 vao dao ham ra két qua bang 0.

Sic: Chién lugc dung cong thirc tinh dao ham rdi rat gon két qua, sau do6 thé x, =0
vao dao ham ra két qua bang 0.

S2a: Chién lugc dung dinh nghia dao ham cua ham sé tai mot diém dé tinh (tinh theo
gidi han mot bén cua Ax).

S2b: Chién lugc dung dinh nghia dao ham cua ham sé tai mot diém dé tinh
(tinh theo gigi han mot bén cua Xo).
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S3: Chién luoc xac dinh mién tinh duoc dao ham ngay khi tinh dao ham, tir o két
luan tinh ton tai gié trj ciia dao ham tai diém x, =0.

Bai 2: Tinh dao ham (néu co) cua ham s f (x)=

x—1| tai diém x, =1.
Sy ngat quédng hop ddng day hoc trong bai toan trén thé hién & cac diém sau:
- Yéu cau cua kiéu nhiém vu khong dé cap “dung dinh nghia” dé tinh dao ham tai mot
diém.
- Ham s d& cho khdng tinh duoc bang céac cong thirc, quy tic tinh dao ham da hoc.
- Ham s da cho lién tyc tai X, =1 nhung khong ton tai dao ham tai diém do.
e Céc chién luoc gin lién véi Bai 2:
S1: Chién luoc bo dau gié tri tuyét ddi rdi dung cong thirc tinh d¢ao ham.
S2: Chién lugc phan tich ham sé ban dau thanh 2 ham sé rdi dung céng thuc tinh dao
ham caa ham sé xac dinh trén nia khoang c6 chira s6 1.
S3: Chién lugc phan tich ham sé ban dau thanh 2 ham sé rdi dung cong thic tinh dao
ham cua tirng ham sb thanh phan.
S4: Chién lugc dung dinh nghia dao ham caa ham sé tai mot diém.
S4a: Chién lugc dung dinh nghia dao ham cua ham sé tai mot diém dé tinh (tinh theo
gidi han mot bén cua Ax).
S4b: Chién lugc dung dinh nghia dao ham cua ham sé tai mot diém dé tinh (tinh theo
gidi han mét bén cua xo).
2
Bai 3: Tinh dao ham (néu c6) ciia ham s f(x)= {_(X_Z) neu x=1
2x° neu x<1
tai diém x, =1.
Sy ngat quang hop dong day hoc trong bai toan trén thé hién ¢ cac diém sau:
- Ham s d& cho khdng tinh duoc bang cac cong thirc, quy tic tinh dao ham da hoc.
- Db thi ham s d4 cho khong lién tuc tai diém x, .
e Céc chién luoc gin lién véi Bai 3:
Sla: Chién luoc tim céch dung cac cdng thuc dao ham d4 hoc (tinh theo mot ham
s6).
S1b: Chién Iugc tim cach ding cac cong thirc dao ham da hoc (tinh theo hai ham s6).
S2: Chién luoc dung dinh nghia dao ham caa ham sé tai mot diém.
S2a: Chién lugc dung dinh nghia dao ham cua ham sé tai mot diém dé tinh (tinh theo
gidi han mot bén cua Ax).
S2b: Chién lugc dung dinh nghia dao ham cua ham sé tai mot diém dé tinh
(tinh theo gigi han mot bén cua Xo).
S3: Chién Iuoc dung tinh chit lién tuc caa ham sé.
S3a: Chién lugc dung tinh chat lién tuc caa ham sb dé két luan dao ham.
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S3b: Bién thé cua S3a (khdng két luan su gian doan).

S3c: Bién thé cua S3a (chi xét tinh lién tuc caa ham sé tai mot diém).
3.4. Thuc nghiégm

Poi twgng nghién ciru

Thuc nghiém duogc t6 chic cho 115 HS I6p 11 cua hai truong THPT: THPT Binh
Thity — Cin Tho (11B10 va 11B11) va THPT Chau Thanh A — Hau Giang (11A3 va
11A4). Phan tich két qua thu thap, ching tdi ghi nhan duoc nhu sau:

Két qua va binh luan

Bdng 2. Két qud gan lién véi Bai 1

hién lwgc

Sla Slb Slc S2a S2b S3 Khéng tra loi

S6 ligu
Tong sb 46 10 32 0 0 0 27

Tile 40% 87% 27,8% 0% 0% 0% 23,5%

Bang thong ké cho thiy, c6 88/115 HS (76,5%) hra chon céc chién luoc Sla, S1b va
Slc dé giai bai toan, trong d6 co6 40% HS sir dung chién lwgc Sla. Vi du nhu HS1 trinh
bay nhu sau:

j‘&) = (SQ
=30l ad,\ix)

/

B) Khong ;ﬁnﬁ/éhc?e _fuo /ham uto /ﬁam g0
icu i 7 PR E, Vi Can tab. hcu ,nam d dt

/

il AL %ff/ 84 i, Lo L. Lmo —RE %&#
)

Nram. 86 /ﬁ/rﬁrj xae. b v Rherer....
Hinh 1. Bai lam cua HS1
Bén canh d6, c6 27,8% HS lwa chon chién lwgc giai Sic, vi du trong bai lam cua
HS43 trinh bay nhu sau:

v | " £
!JA...’...-...\(..?{C: ....... :‘:.-.&T{n—?f ..... =1 --.-‘.GC...-X”.&-“
md.’.@@)...: ....... 0. 4§‘=O

Hinh 2. Bai lam cuza HS43
Hon thé nira, khéng c6 HS nao thyc hién chién luoc S3, tc 1a nhan ra mién c6 dao
ham ctia ham s dé cho trudce khi thé diém x, vao dao ham. Piéu nay cho thay HS khong
kiém tra sy ton tai cua dao ham tai diém x, cho truéc hay n6i cach khéac 1a HS khéng quan

tam dén tap xac dinh cia dao ham (mién c6 dao ham). Nhu vay, chlng toi kiém ching
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duoc gia thuyét vé sy ton tai quy tic caia HPDH “Khi tinh dao ham caa ham sb tai mot
diém, HS khdng c6 trach nhiém kiém tra ham sé co6 dao ham tai diém d6 hay khong ciing
nhu khong c6 trach nhiém xac dinh mién ma ham sé d4 cho cé dao ham. HS chi c6 nghia
vu ding cong thie dé tinh dao ham roi thé gia trj caa x, vao dao ham tim dugc”.

Bdng 3. Két qud gan lién véi Bai 2

hién lwec

Tra loi ding

S1 S2 S3 Sda S4b ‘s .
ngoai dw doan

Khong tra loi

S6 liéu
Tong sb 5 28 39 5 3 1 34
Tile 43% 243% 34%  43%  2,6% 0,9% 29,6%

Qua thong k&, ching toi thay c6 72/115 HS (62,6%) HS lya chon cac chién lugc giai
S1, S2 va S3. Tuc la nhitng HS nay diing moi cach &p dung cac cong thic, quy tic tinh dao
ham dé tim két qua, cac em khéng nghi tdi viée dung dinh nghia dé tinh dao ham du rang
d4 duoc hoc va thyc hanh né nhiéu lan. Ching han, HS87 trinh bay nhu sau:

wZA. )ﬂt’i) =5 e
1&LA A :W) Pl
R L L

I}U)-—4 'B(’D ==

Hinh 3. Bai lam cua HS87

Hon thé nita, c6 12,2% HS tra 1oi ring “khong tinh dugc dao ham vi ¢ dau gia tri
tuyét d6i” hay “dao ham khong tinh dugc gia tri tuyét ddi” (chién luoc S5). Diéu nay dong
nghia v&i viéc cac em cho rang chi nhitng ham s ¢6 trong cong thirc tinh dao ham moi
tinh dugc dao ham, ngoai ra la khong tinh dugc. Cac em hoan toan khéng nhan thic dugc
tam quan trong cuia viéc tinh ¢dao ham bang dinh nghia so véi tinh dao ham bang cong thirc.

Trong khi d6, chi c6 8/115 HS (6,9%) nghi tdi viéc dung dinh nghia dao ham cua
ham sb tai mot diém dé giai bai toan (chién lwoc S4a va S4b). Vi dy nhuy HS23 trinh bay
nhu sau:

e[S e

(1, F) A oy 20y et

Iy R i ] o

=

;[,(‘1) /Em 4(1\/4&) (&m _i+/—0 mfﬂ/—

e L—M x 18 Tl e A
-,Lm'[" o

X4 K=1

F —xlﬁa%”%/[z*)#jf[z )/wz 'ésﬂmg thL 4
Hinh 4. Bai lam cua HS23
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Dang luu y 1a ¢6 1 HS ¢6 cau tra loi dung ngoai tién nghiém cuia chung toi, cu thé la
HS92 giai bai trén nhu sau:

o) ST o Moy i) DY ey
At ) = AP = fi) = (a2 = B T

e )l — 1D
;M% ...... i dﬁwﬁ:?u%(,f
Lk‘_‘fz'.,,.fn‘«.c}g,-.,ﬁm“f(_uf‘,dﬂ,‘..alé.({f_?!..‘.ﬁ"_d.”}{..‘;xf ............................................ S

Hinh 5. Bai lam cua HS92

Tir d6, thay phan lon HS duoc khao sat déu uu tién dung cac cong thiic, quy tac tinh
dao ham dé giai, tham chi 1a ham sb ban dau hoan toan khéng c6 trong bang Pao ham caa
mdt s6 ham sb thwong giap (SGK trang 203). Nhu vay, ching t6i kiém chimg duogc gia
thuyét vé sy ton tai quy tac cia HPDH “Khi tinh dao ham ciia ham s6 tai mot diém, HS c6
nhiém vu la tim cach &p dung céc cong thiic, quy tic tinh dao ham d4 hoc rdi tinh gia tri
cua dao ham tai diém d6 ma khéng can phai sir dung dinh nghia ciia dao ham tai mot diém
(néu bai tap khong noi rd 1a phai dung dinh nghia).

Bdng 4. Két qud gan lién véi bai 3

hién lwec

) Sla Sib S2a S2b S3a S3b S3c Khéng tra loi
So liéu

Tong s6 19 36 0 12 1 8 14 25
Tile 16,5% 313% 0% 104% 09% 7%  12,2% 21,7%

Tir nhitng s6 liéu thong ké, ching tdi thay co toi 55/115 HS (47,8%) van tim céch ap
dung céc cong thic, quy tic tinh dao ham dé dua ra cau tra loi. Vi du nhu HS41 trinh bay
nhu sau:

Hinh 6. Bai lam cua HS41
Diéu nay mot lan nita khang dinh lai rang nhiéu HS van wu tién lwa chon chién lugc
ding cac cong thirc, quy tic tinh dao ham dé &p dung vao nhiing dang toan khéng quen
thudc hon 1a sir dung dinh nghia dao ham cua ham sb tai mot diém. HS ngam cho rang sau
khi d& hoc xong bai Cac quy tdc tinh dao ham thi cac em chi cd nghia vu ding cac cong
thirc, quy tic d6 dé tinh dao ham ma khdng con can quan tam tdi cach tinh dao ham bang
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dinh nghia nira. Tuy nhién, van c6 10,4% HS lya chon chién lugc giai S2b; vi du nhu
HS45 trinh bay nhu sau:
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Hinh 7. Bai lam cua HS45

Diéu dang luu y ¢ day la cic HS nay sir dung khéi niém “Pao ham mot bén”, day la
ndi dung duoc trinh bay trong phan doc thém SGK trang 193. O déy, chung t6i suy doan
rang co thé trén Iop GV d4 dé cap khai niém nay cho HS.

Chung ta thay rang c6 23/115 HS (20,1%) lya chon cac chién lugc giai S3a, S3b va
S3c, tuy nhién, lai c6 dén 12,2% HS giai theo chién lugc S3c. Khi phong van cac HS nay
thi cac em déu tra loi rang ly do ho giai theo chién luge S3c I nhin dang ham sé d4 cho rat
gidng véi dang ham s trong kiéu nhiém vy “Xét tinh lién tuc ciia ham sé tgi mét diém”
nén cac em ctr xét tinh lién tuc tai x, roi két thic. Tc 1a HS giai theo chién lugc nay chi vi
c6 sy tuong dong véi mot kiéu nhiém vy khéc chir khdng phai do HS nhan ra méi lién hé
gira tinh lién tuc va dao ham caa ham s tai mot diém. Piéu nay lai cang cho thay su nhan
thirc caa HS vé mdi quan hé giira tinh lién tuc va dao ham cua ham sb thyc sy mo nhat.
Tham chi cac em sau khi xét dwgc ham sé d6 gian doan tai X, =1 nhung lai “khéng dam”

két luan rang ham sb khéng c6 dao ham tai x, =1, vi du nhu HS58 trinh bay nhu sau:

Hinh 8. Bai lam cuza HS58
Chi ¢6 duy nhat 1 HS nhan ra dugc mdi lién hé nay va dua ra duoc 1oi giai chinh xéc.
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Hinh 9. Bai lam cza HS115
Ciing can n6i thém 1a c6 7% HS Iya chon chién lwoc giai S3b, tac 1a sau khi tinh cac

giéi han mot bén cua ham sé d4 cho thi cac em két luan luén ham sé khdng ton tai ¢ao ham
tai x, =1 makhong két luan gi vé tinh lién tuc. Vi du nhu HS109 trinh bay nhu sau:
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Hinh 10. Bai lam cxza HS109

Sau khi phong van cac em nay thi thay dugc rang mot s6 em sir dung suy luan twong
tu tir tinh chat gidi han cua ham sé tai mot diém (SGK trang 156), trong khi d6 cac em
khéc suy luan twong ty tir tinh lién tuc caa ham s dé két luan bai toan. Nhung khi hoi tai
sao khong két luan gi vé tinh lién tuc trudc khi két luan su ton tai dao ham thi cac em déu
tra 1oi rang “Em khdng dam chic ching c6 lién quan véi nhau”. Diéu nay mot lan nira
ching minh cho nhitng nhan dinh caa ching toi & trén.

Tir tat ca nhitng phan tich trén, chdng toi kiém chiing dwoc gia thuyét vé su ton tai
quy tic cia HPDH “Khi tinh dao ham cua ham sé tai mot diém, HS khéng c6 nghia vu
kiém tra tinh lién tuc caa ham sé tai diém can tinh”. Bén canh dé, chung t6i con thiy dugc
rang viéc lam cho HS nhan thic dwoc méi quan hé giira tinh lién tuc va d¢ao ham cua ham
s6 tai mot diém can dugc GV chd trong van dé nay khi day dao ham cua ham sé.

4. Kétluan
Mgt s6 két lugn rat ra tir theec nghiém:

Tap xac dinh cua “ham sé dao ham” hay la mién ma ham sé c6 dao ham khong dugc
HS coi trong. Cac em chi c6 nhiém vu la tinh dao ham ma khong can quan tim dén mién
ma ham s6 ton tai dao ham. Diéu ndy dan dén nhiing sai Iam khi tinh toan dao ham ciing

58



TAP CHi KHOA HQC - Trwong DHSP TPHCM Duwong Hitu Tong va tgk

nhu anh huéng dén tinh chinh x4c khi xét tinh don diéu cia ham s6 trong chwong trinh
toén lop 12.

Dinh nghia dao ham caa ham sé (tai mot diém) c6 vai tro rat mo nhat dbi véi HS.
Khi gap mot tinh hudng nao d6 dii quen thudc hay la Iam, phan I6n HS déu nghi ngay toi
diing céng thirc dé tinh dao ham va tim moi cach dé ap dung nhitng cong thirc d6, con néu
khong ap dung duoc thi két luan ring khong tinh dwoc dao ham cha khdng nghi toi s&
dung dinh nghia dao ham cia ham sé (tai mot diém).

HS con rat mo ho trong viéc nhan thirc méi quan hé gitra tinh lién tuc caa ham sé va
dao ham caa ham sé tai mot diém. Mic di vé mat y nghia dai s6 hay ¥ nghia hinh hoc thi
méi quan hé nay ciing déng vai trd rat quan trong.

Nhu vay, thdng qua cong cu hop dong day hoc, chung t6i ¢4 phét hién ra mot s sai
lam caia HS khi tinh dao ham caa ham sé tai mot diém, thiy duoc sy anh huong caa moi
quan hé thé ché 1&n quan niém caa HS.

% Tuyén bé vé quyén loi: CAc tac gid xac nhén hoan toan khéng c6 xung dét vé quyén loi.
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